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RESEARCH OF MULTIPERIODIC SOLUTIONS OF PERTURBED
LINEAR AUTONOMOUS SYSTEMS WITH DIFFERENTIATION
OPERATOR ON THE VECTOR FIELD

Abstract. A linear system with a differentiation operator D in the directions of vector fields of the form of the
Lyapunov's system with respect to space independent variables and a multiperiodic toroidal form with respect to time
variables is considered. All input data of the system multiperiodic depend on time variables or don't depend on them.
In this case, some input data received perturbations depending on time variables. We study the question of
representing the required motion described by the system in the form of a superposition of individual periodic
motions of rationally incommensurable frequencies. The initial problems and the problems of multiperiodicity of
motions are studied. It is known that when determining solutions to problems, the system integrates along the
characteristics outgoing from the initial points, and then, the initial data are replaced by the first integrals of
characteristic systems. Thus, the required solution consists of the following components: characteristics and first
integrals of the characteristic systems of operator D, matricant and free term of the system itself. These components,
in turn, have periodic and non-periodic structural components, which are essential in revealing the multiperiodic
nature of the movements described by the system under study. The representation of a solution with the selected
multiperiodic components is called the multiperiodic structure of the solution. It is realized on the basis of the well-
known Bohr's theorem on the connection of a periodic function of many variables and a quasiperiodic function of
one variable. Thus, more specifically, the multiperiodic structures of general and multiperiodic solutions of
homogeneous and inhomogeneous systems with perturbed input data are investigated. In this spirit, the zeros of the
operator D and the matricant of the system are studied. The conditions for the absence and existence of multiperiodic
solutions of both homogeneous and inhomogeneous systems are established.

Keywords: multiperiodic solutions, autonomous system, operator of differentiation, Lyapunov’s vector field,
perturbation.

1. Introduction. The foundations of the method used in this note were laid in [1, 2], which were
further developed in [3-10] and applied to the study of solutions different problems in the partial
differential equations [11, 12]. These methods with simple modifications extend to the study solutions of
problems of the differential and integro-differential equations of different types [1-12], in particular,
problems on multi-frequency solutions of equations from control theory [13]. The methods of research for
multiperiodic solutions are successfully combined by methods for studying solutions of boundary value
problems for equations of mathematical physics. Elements of the methods of [1, 2] can easily be found in
[14,15], where time-oscillating solutions of boundary value problems are studied by the parameterization
method.

As noted above, the considered system of partial differential equations along with multidimensional
time contains space independent variables, according to which differentiation is carried out to the
directions of the different vector fields. The autonomous case of this system was considered in [11, 12],
where differentiation with respect to time variables was carried out in the direction of the main diagonal of
space, and the free term of the system was independent of time variables. In this case, these parameters of

— § —
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the systems received perturbations depending on time variables. In the note, the method for studying
multiperiodic structures of general and multiperiodic solutions is developed, the conditions for the
existence of a multiperiodic solution are established, and its integral representation is given.

We consider the system of linear equations

Dx = Ax + f(z,t,¢) (1.1)
with differentiation operator
D:i+<a,£>+ vI§+g,i , (1.2)
or ot og
where TE€R, t:(tp-":tm)ERm:é’=(§1,-~-, é/g)ER;[,é/j:(éj’ nj)ERgaj:rja

R; ={C,eR}:|{, |=+J& +n; <8,)= 1,I}, 6 =const >0 are independent variables with

areas of change; i: i,_“, i u i: i,m,i , i: ﬁ,i ,j=1,_l are vector
ot ot, ot, o¢ \0¢, 0¢,) o¢, \o¢, onm,

differentiation operators; = diag ( I,,.,1,) is a matrix with /-blocks, 7 R is symplectic unit of the
second order, v = (v, ., v, is a constant vector, v [ = diag (v,I,,.,Vv,I,),
a=(a (t,t)., a,(r,t) =a(r,t), g =(g,(7)... g,(r)) = g(r) are vector functions, (L) is the
sign of the scalar product of vectors; A is a constant #XM-matrix, f = f(z,1,¢) is H-vector-function
of variables (7,7, £)e RxR" x R2'.

The main objective of this note is to determine the multiperiodic structures of solutions of the
problems (1.1) - (1.2).

2. Multiperiodic structure of zeros of the differentiation operator [J. We introduce the equation

Du=0 2.1
with the required scalar function y = y(7,¢,¢) and the initial condition
u| _, =w(t)eC"(R"), Q.1

where D is the differentiation operator with respect to (T, t,é/) of the form (1.2). The solutions of

equation (2.1) are called the zeros of the operator D .
Suppose that 1) the vector function a(z,r) has the property of smoothness with respect to

(r,t) e R x R™ oforder (0,e) = (0,1,.., 1):

_ (0,e) m m
a(t+0,t +qw)=a(r,t)eC, " (RxR"), qeZ", (2.2)
2) positive constants y . v, are rationally incommensurable:
q.v,+q,v; #0, q,.2+q12.¢0, q.-9; €7, (i,j:@), (2.3)

therefore, numbers a, = 271'1/;1, j= 1,_1 are also incommensurable,
3) vector-functions g ,(7) =(¢,(7),¥ (7)), j = 1,/ are continuous and $, - periodic:
g.(t+p)=g,)eCR), j=11, (2.4)

where ,, k = 1,_1 and ﬂj, j= 1,_l are incommensurable positive constants.
It follows from condition 2.2) that the vector field i=a(r,t)

. . 0 .0 . e . 0 40
determines the characteristic £ = ﬂ(T ,T ,1),emanating from any initial pomt( T,t )E RxR", and
moreover, it has the properties that are known from [2].

— §f —
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Lemma 2.1. Let condition (2.2) be satisfied.  Then under the  condition
v(t+ qa)) =v(t) e Ct(e) (R™), qe Z" the zeros u(TO,T, )= V(E(TO, 7,1)) of the operator D with
the initial data (2.1') have the multiperiodicity property of the form

u(c’+60,t+0,t+qow)=u(c’,7,t), qe Z".
The vector fields

C=vIC+g(7) (2.5)

determines the characteristic
§=Z( -t = z(z")]+ z(r), (2.6)

where 7 (r) = diag [Z,(2 ) Z, ()], 2(2) = (2, (s 2,(0)), & =(&]58)). Then we have the
first integral of equation (2.5)

=2 - 0g ~z(D)]+2(z") = (7", 7,9) 2.7)
By virtue to the connection between c,=0,(r) and h,=h(s,,0,) of the form

o (c)=h,(c.7), a;aj _ dh,-a(’r,r) _ ahj(;j,aj) N ahj(asj,o'j)
T v S o,

J J

from the differentiation operator [ to the differentiation operator

_ 9 o d o\ joh oh o
D=—+(alr,t),—)+{e,—)+{e, — )+ {(vIh+ ,— ) H—+—,—), (28
o7 <a(r ) az> <e as> <e aa> <V 8(©) ah> <as oo ah> (&:5)

with c,=s,=1 leads to a transition

where §= (S0 8,), 0 =(0,00,), gl@)=(g,( ) g,(,)) e=(,..1) - [ -vector,
. oh (oh on) on (on  oh
U R ) CON 30 W S I A RSN g (L |
( 1 1) Jj ./( J /)’ J Os aSl asl lolea 801 801

Lemma 2.2. Let conditions (2.3) and (2.4) be satisfied.  Then the zeros
M(TO T, QV) =w(u (TO T, QV)) of  the operator D with the initial condition

u _o=w(g)eC ée)(Rl) have a multiperiodic structure of  the  form
u (SO, $,0,0)= W(h(SO —S, Z(So),g —z(0))) with the vector Sunction
h(s—s’,2(0), £’ —z")=Z(s —s")[C° —2(s°)]+2(0), at that

I/_I(SO’S’ o, é/) o=s=re,s'=r'e = M(TO,T, é/)’ (29)

hEr’-er,z(er"), —z(er)) = u(z’,7,¢).

The following theorem is proved on the bases of these Lemmas 2.1 and 2.2.

Theorem 2.1. Let conditions (2.2) - (2.4) be satisfied. Then the solution M(TO,T, t, {) of equation
(2.1) with the initial condition ML:TO =u O(t, e CZ(ZJE)(R’" X Rl) is determined by the relation
u(z®, 0, 6,8)=u(A(c,7,t), u(z°,7,¢)), Which under the conditions 1(z°,r + 6,t) = A(z°,7,1)
and U O(l‘ +qo, () =u O(l,Q, qe Z" has a multiperiodic structure with respect to (r,t,s, g) with
period (0,0 ,a,p ) of the form

u(c’,r,t;8°,5,0,0)=u’(A(c°,z,t), h(s’ = 5,2(s°), & - z(c))) ,

— ] —
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where the vector-function h (S, z,¢ ) has the form
h(s—s°,z(c), £’ —2")=Z(s —s°)[° - z(s°)]+ z(o), é=(1,., 1) is M-vector,
o =U (TO,T,t,g”).

o=s=¢71, s =€r

~

e=(,.,1)1s [ -vector, moreover LT|

3. The multiperiodic structure of the solution of a homogeneous linear D -system with constant
coefficients. We consider a homogeneous linear system

Dx= Ax (3.1
with a differentiation operator D of the form (1.2) and a constant 72X/ -matrix A .

We will put the problem of determining the multiperiodic structure of the solution X of the system
(3.1) with the initial condition

o=u(t,$)e C(R" x R"). (3.1°)

X

To this end, we begin the solution of the problem by studying the multiperiodic structure of the
matricant

X (z)=exp [47] (3.2)
of the system (3.1). We need the following lemmas, to do this, which are given without proof.
Lemma 3.1. If f (Z' +0, )= S (2'), j=1,r is some collection of the periodic functions with

rationally commensurate periods: 6 Jﬂk_ = 'y is a rational number for j,k =17, then for these

functions exist a common period 6: f (v +0) = f(7), j = L.
Lemma 3.2. [f the real parts of all eigenvalues equal to zero and all the elementary divisors are
simple of the constant matricant y (r)= exp [1 r ] then all the elements of the matrix I are periodic

functions.

We consider the multiperiodic matrix T (f) =T (Tl,... ,Tp) with period ) = (7/1,..., Y p), where
Vis+++5) , are rationally incommensurable constants. Since (8/ or i )Y/k (Z’ k)=J l.ij (T i ), the matrix
T (7 ) satisfies the equation

DI(7)=1T(7), (3.3)
where the operator D is determined by
~ /0 0 0
D=(e, —)=—+.+—, (3.4
or/ Or, oz,

¢ =(l,..,1) isa P -vector. Obviously, under 7 = e 7 wehave T(ez)= Y (r) and
Y(r)=T(er)=1T(er)=1Y(7). (3.5)
Thus, the multiperiodic matrix 7 (7) defines the multiperiodic structure of the matricant Y (7)

Y(2)=T1(z,,...,7,)

Lemma 3.3. The matricant Y (r) of the system (3.5) under the conditions of Lemma 3.2 has a multi-

(3.6)

N=.=T,=T

periodic structure in the form of a matrix T (f ) =T (T | ,...,Tp) which satisfies the system (3.3) with the

differentiation operator (3.4) and along the characteristics T =eT of the operator D turns into Y (),

in other words, these matrices are related by the relation (3.6)
Indeed, we making the replacement X = Y (r)Z  in the equation

X =4Xx (3.7)

— § —
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obtain the equation 7 = y -'(r)[4Y (r) - ¥ (¢)] z - Therefore, according to Lemma 3.3, the multiperiodic
structure of the matricant (3.2), by virtue of equality X (r)=Y(r)-Z(7), is determined by a matrix
X (z,7) of the form

v = Rt
X(z,7)=X(7,7,5...,7,) =T(7},...,7, ) €, (3.8)
which is connected by the matricant X (7), by relation

X(z,7) = X(). (3.9)

Theorem 3.1. In the presence of complex eigenvalues of the matrix A, the matricant (3.2) of the
system (3.7) has a multiperiodic structure defined by the matrix (3.8) and relations (3.3) - (3.6), and it

along the characteristics T =eT of the operator D satisfies condition (3.9). The matrix T (7)) turns into

a constant matrix in the absence of complex eigenvalues.
Now the solution of the objectives set can be formulated as Theorem 3.2.
Theorem 3.2. Let conditions (2.2) - (2.4) be satisfied. Then the solution x(r° r,t,¢ ) of the problem

(3.1) - (3.1°) defined by relation
x(r'r,t,8) = X ()u(A(r,7,0), u(r’,7,8) (3.10)
has a multi-periodic structure in the form of a vector-function

X, 1,7.t, 8%5,0,0) = X (2, D) (A", 7,0), (s =5,2(s°),{ —z(0))),  (.11)

that satisfies equation

S|

=4

=)

(3.12)

with the differentiation operator
(3.13)

)

=D +

O

s

defined by relations (2.8) and (3.4).
Proof. The representation (3.10) is known from [2], and (3.11) follows from the proved Theorems 2.1
and 3.1. The identity (3.12) can be verified by a simple check.

Theorem 3.3. Under the conditions of the Theorem 3.2, the system (3.1) allowed nonzero
multiperiodic solutions enough for the matrix A to have at least one eigenvalue 1 = A(A) with the real
part Re A(A4) =0 equal to zero.

The theorem could be proved on the basis of a similar theorem from the theory of the systems of
ordinary differential equations.
We have the following theorem from the theorem 3.3, as a corollary.

Theorem 3.4. Under the conditions of the Theorem 3.3, the system (3.1) did not admit the

multiperiodic solution other than trivial, it is sufficient that all eigenvalues of the matrix A have nonzero
real parts.
The general solution X of the system (3.1) can be represented in the form

x(r,t,0)=X(t)u(r,t,¢), (3.14)

where y =y (z,t,¢) is the zero of the operator D with the general initial condition for 7=0:
x(0,6,¢)=u(0,t,{) =u,(¢,¢), X ()= exp[ 4] isthe matricant of the system.

Theorem 3.5. . Under the conditions (2.2) - (2.4), the system (3.1) had (0, w) -periodic with respect
to (z,t) solutions of the form (3.14) corresponding to the multiperiodic zero of the operator D with the
same periods, it is necessary and sufficient that the monodromy matrix X () satisfies condition

det[ X (6) - E]=0. (3.15)
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Proof. Under the conditions of the theorem, its justice is equivalent to the solvability of equation
X (r +0)u = X (r)u in the space of (,w)-periodic with respect to (z,¢) zeros y =u(r,¢,¢) of the

operator D .
We arrive at the solvability of the system of equations [ X (9) - E]u = 0, which is equivalent to

the condition (3.15) taking into account the properties of the matricant X (z + 8) = X ()X (€) from the
system X (7 + 6)u = X (7)u .
In conclusion, we note that the fulfillment of condition
det [X (8)-E]% 0 (3.16)

guarantees the absence of such solutions.

Theorem 3.6. Let conditions (2.2) - (2.4) and (3.16) be satisfied. Then the system (3.1) allowed
nonzero (60 ,w) -periodic solutions of the form (3.14) necessary and sufficient for the functional-

difference equations
u(r + 0 ,t + qw,§)= [X(H)— E]”X(G)[u(z' + 6,1+ qw,é’)— u(z',t,é’)], qe zZ" (3-17)

to be solvable in the space of zeros of the operator D .
Proof. Under the condition (3.16) from the definition of (&, w) -periodicity with respect to (z,¢) of

solution (2.7), we have the equation (3.17). We must be to take into account that « (7,7, ) is the zero of

the operator DD to complete the proof. If the equation (3.17) has only zero solutions, then, under the
condition (3.16), the system (3.1) does not have a nontrivial multiperiodic solution.

4. The multiperiodic structure of an inhomogeneous linear system with operator D. Consider the
inhomogeneous linear equation (1.1) corresponding to the homogeneous equation (3.1), where the #-
vector function f(7,¢,¢) satisfies condition

fe+0,t+qw,8)=f(7,,{) e C5 (RXR" xR'). (4.1)

Assume that the condition (3.16) is fulfilled and we search for the (@, @) -periodic with respect to
(7,t) solution x(z,¢,¢) of the system (1.1) that corresponds to zero y(r,¢,¢ ) of the operator D
possessing the property of multiperiodicity with the same periods (8, w) for (z,1).

Therefore, we have the solution
x(7,6,8) = X(0)ulz,,£)+ X(r)_[ X(s)f (s, ACs, 7,8), (5,7, £))ds (4.2)
0

with zero w(t+6,t+qw,{)=u(r,t,{),g€Z” of the operatorD having the property
xX(r+0,t+qw,0)=x(1,t,{), qe 2" .

By accepting the notation based on (4.2)

b b

£ (s, ACs,7,0), u(s,7,$)) = {

(s,

—» 5 means changes in the variable § from ¥ tod, the multiperiodic solutions can be

presented in compact form

(Tt( [X z'+l9 ]'[X fgs/l(srt),u(sz'é’)) (4.3)

Obviously, if the system (3.1) does not have multlperlodlc solutions, except for zero, then the solution
(4.3) of the system (1.1) is a unique multiperiodic solution.
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Further, we have solutions
+6
Hs,0.2,0.60) =X (r+0,7+60) X '(0.2)] [X (o) e Mer0)He—s,2(6) L ~H0))de  (@44)

of the equation o
Dx=Ax+ f(r,t,¢) (4.5)

with the differentiation operator (3.13) from representation (4.3) on the basis of multiperiodic structures
(2.9) and (3.8) of the quantity x(s,7,¢) and X (7).

Teopema 4.1. Assume that conditions (2.2) - (2.4), (3.16) and (4.1) are satisfied, and the
homogeneous system (3.1) does not have multiperiodic solutions except zero. Then the system (1.1) has a
unique (0 ,w) -periodic solution (4.3) for which the (a,p,y,0,w) -periodic with respect to

(s,o,7,7,t) Structure (4.4) satisfies equation (4.5) with the differentiation operator (3.13).

In conclusion, note that we can derive the multiperiodic structure of the general solution (4.2) of the
system (1.1) similarly to formula (4.4).

Conclusion. A method for studying the multiperiodic structure of oscillatory solutions of perturbed
linear autonomous systems of the form (1.1) - (1.2) was developed. The main essence of the method for
studying the multiperiodic structures of solution of the system under consideration is a combination of the
known methods [1-3] with the methods used in [11, 12] for the autonomous systems. In conclusion, the
sufficient conditions for the existence of the multiperiodic solutions of linear systems (1.1) - (1.2) with the
differentiation operator D in the directions of a toroidal vector field with respect to time variables and of
the form of Lyapunov's systems with respect to space variables were established. Moreover, relation (4.3)
is an integral representation of the multiperiodic solution of the system, and (4.4) determines its
multiperiodic structure.
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'K JKy0aHoB aTeIHAarsl AKTO0€ OHIipIiK MEMIIEKETTIK yHHBEPCHTETI, AKTo0e, Kaszakcran;
ZKeipreiz-Peceit Cnasn yausepcureri, bimkek, Kpipreiscran

BEKTOPJIBIK OPIC BOMBIHIIA JU®P®EPEHIUAJJIAY ONEPATOPJIBI KO3/bIPLLIFAH
CBI3BIKTBI ABTOHOM/IBIK 'KYWUEJEPAIH KONMEPUOATHI INEIIMJIEPIH 3EPTTEY

Annotanusi. Toyesci3 KeHICTIK aifHbIMaNIBICBIHA KaThICTHI JIAMYHOB JKyHeci TYpiHIET] jKoHE yaKbIT aiHbIMa-
JIBICHIHA KATBICTBI, KOIIIEPHOITH TOPOUIAIIBI TYPJIETi BEKTOPIIBIK opicTep OarbIThl OoibiHIIa D nuddepenuaiiay
OMEPATOpJIbl  CBHI3BIKTHI JKYHe KapacThipbiiaasl. JKyiieHi aHBIKTAWTBIH OapiiblK OEpireH eeMaep YakbiT
alfHBIMANTBICEIHAH KONIIEPUOATHI TOYEIIl, He OapaaH Toyenci3 Oomansl. by xkarmaiina sxyiieHi aHBIKTaHTBIH KeHoip
OepinreHnepre yakbIT alHBIMAIBICBIHAH TOYENIi KO3IBIPTKEI OepinreH. PanmmoHanmbl enmeHOSHTIH KUUTIKTEpIiH
JKEKEJIEHTeH TEepPHUOITH KO3FaIBICTAPBIHBIH CYIEPIO3UIMACH TYPIHIETi JXYHe apKbUIBI CHIATTAIFaH 13ACTiHII
KO3FaJIbIC TYpaJIbl CYPaK 3epTTese/i. bacTankel ecentep »oHe KO3FaIbICTap/IbIH KOIIEPUOATHIIBIFE TYPaJbl €CenTep
3eprreneni. EcenrtiH ImemniMiH aHplKTay Ke3iHAe KyieHIH OacTamnkpl HYKTEIEH IIBIFATBIH XapaKTEepPUCTHKA
MaHAWbIHIA HHTErPAJaHATBIHBL, OJaH KeWiH OacTamkpl OEpiIreHAep XapaKTePUCTHKAIBIK JKYWEHIH OipiHmIi
WHTErpajlapbIMEH aybICThIPbUIATHIHBI Oenrini. COHbIMEH, i3A€iHIl IIeiM Keleci KOMIIOHEHTTepAeH Typaibl: D
OIEPaTOPHIHBIH XapaKTEePUCTUKAIIBIK JKYHECIHIH XapaKTepUCTHKAachl MeH OIpiHIII WHTerpaijgapsl, >KyHeHiH 0oc
MylLleci MEH MaTpUIaHThl. byl KOMIOHEHTTEpHiH 3epTTeNylll JKYHeMeH CuUlaTTajfaH  KO3FaJbICTBIH
KONIECPUOATEUTBIK TaOUFATHIH amly Ke3iHIe MaHBI3IAbl MarblHACKI 0ap OOJIATHIH TEPUOITHI JKOHE MEPHOATHI eMec
KYPBUIBIMJIBIK Kypayuibuiapbl 6onaasl. [lemivai  epekieneHred KOmmepruoAThl KYpayibuiap apKblIbl CUITATTAY bl
HICHIMHIH KOMIEPHOAThUIBIK KYpPbUIBIMBI jern ataipl. O Ken afiHbIMayibl MEepHOATHl (QyHKUUsIap MeH Oip
aflHBIMAJIbI KBA3UIIEPUOATHI (DyHKUIMSIIAPBIHBIH OaiilaHbIChl Typalibl BOp/IbIH TaHBIMAN TEOpEeMAachl HETI3iHIEe Ky3ere
acanpl. CoHBIMEH, >KyHenepi aHBIKTATBIH OepinreHAepi KO3IBIPBUIFAH JKaFgaimel OIpTeKTi JkoHe OipTekci3
KyieepIiH >Kallbl )KoHE KOIEePHOATHI IEeIiMIEPIHIH KOMIIEPHUOATh KYPbUIbIMbI HAKThI 3epTTenreH. Ocbuiaitma D
OIePaTOPBIHBIH HOJIAECP] MEH JKYHEHIH MaTPHUIIAHTHI 3ePTTEIreH. BipTeKTi skoHe GipTeKci3 )KyienepaiH KomnepruoaThl
HIerimMaepiniy 6ap 0oy jkoHe 00JIMay HIApTTaphl TaFalbIHIAIFaH.

Tyiiin ce3mep: KenmepuoATHl LIEUIIM, aBTOHOMIBIK JXyHe, nuddepeHnmangay oneparopbl, JlsmyHoB
BEKTOPJIBIK ©pici, KO3IABIPTKEI.
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HCCJIEJOBAHUE MHOTI'OITEPUOIUYECKHX PEINEHUANA
BO3MYIIEHHBIX IMHEHHBIX ABTOHOMHBIX CUCTEM
C OHEPATOPOM JUO®DPEPEHIIMPOBAHMUS 110 BEKTOPHOMY ITOJIIO

AnHoTanus. PaccmarpuBaercst nuHeiHas cuctema ¢ onepatopoM aupdepeHnuposanus D Mo HanpaBIeHUAM
BEKTOPHBIX TIOJIEH BHIa cucTeMbl JIAMyHOBAa OTHOCHTENBHO HPOCTPAHCTBEHHBIX HE3aBHCHUMBIX IMEPEMEHHBIX U
MHOTOIICPUOANYCCKOTO TOPOUAAIBHOI'0 BHUAA OTHOCUTECJIHLHO BPEMEHHBLIX ICPEMCHHBIX. Bce BXOOHBIC JaHHBIC
CHCTEMBI JTH00 MHOTOIIEPHOJMYHO 3aBHUCAT OT BPEMEHHBIX ITEPEMEHHBIX, JIN0O OT HUX HE 3aBUCAT. B nanHoM ciydae
HEKOTOpbIE BXOJHBbIE JaHHbIE MONYyYMIM BO3MYILEHHs, 3aBHCAIINE OT BPEMEHHBIX IepeMeHHBIX. Mcchemyercs
BONPOC O TPEACTABIEHHH HCKOMOTO [IBIDKCHHMS, OIHCAHHOTO CHCTEMOM B BHJAE CYNEPHO3UIMH OTIACIBHBIX
MEPUOANIECKUX JBIDKCHUH PAaLMOHAIBHO HECOM3MEPUMBIX 4YacTOT. V3yuaroTcssi HadasbHBIE 337a4d M 33/a4d O
MHOTOIIEPUOJUYHOCTHU ABMKEHHUN. VI3BECTHO, YTO NPH ONPEAETICHUH PELICHHH 3aa4 CHCTEMa HHTETPUPYETCs BAOIb
XapaKTCPUCTUK, UCXOAAIINX U3 HAaYaJIbHBIX TOYCK, a4 3aTEM HAYaJIbHBIC JTaHHBIC 3aMCHAIOTCA ICPBBIMH MHTCTpajlaM
XapaKTEPUCTUYECKHX CHUCTEM. TakuM o0pa3oM, HCKOMOE pEIICHHE COCTOUT W3 CIIEAYIONIMX KOMIIOHEHTOB:
XapaKTEPUCTHK M MEPBBIX MHTETPAJIOB XapaKTEPUCTHUECKUX CUCTEM orlepaTopa D, MaTpuIiaHTa ¥ cBOOOJHOTO 4iIeHa
CaMOM CHCTEMBI. DTH KOMIIOHEHTHI, B CBOIO OY€pEelb, MMEIOT MEPHOJUUECKHE W HENEPHOANIECKUE CTPYKTYPHBIC
COCTABISIIOIIME, KOTOPhIE HMEIOT CYLIECTBEHHOE 3HAYEHHE IPH PACKPBITUM MHOTONEPHOIUYECKON MPUPOIBI
JIBUKEHUH, OIMCaHHBIX HcciexyemMol cucreMoil. IlpeacraBieHue pelieHust € BbIACIEHHBIMM MHOI'ONEPUOH-
YECKMMH COCTABJSIOIIMMHU Ha3BAHO MHOTONEPHOANYECKON CTpyKTypoi pemieHus. OHO peanu3yeTcs Ha OCHOBE
n3BeCTHOH Teopembl bopa o cBsi3um neproandeckod (YHKIUHM OT MHOTHX IIEPEMEHHBIX U KBa3HIEPHOANYECKON
¢yHKIMH 0/THOH mepemeHHOM. Takum oOpa3om, Gosiee KOHKPETHO MCCIEAYIOTCS MHOTONEPUOANYECKUE CTPYKTYPHI
00IMX M MHOTONEPHOIUYECKUX PEIICHUH OJHOPOAHBIX M HEOJHOPOJHBIX CHCTEM C BO3MYIIECHHBIMH BXOJHBIMHU
JaHHBIMH. B TakoMm myxe m3ydaroTcs Hyau omeparopa D M MaTpUIAHT CHUCTEMBI. YCTaHABIMBAIOTCS YCIIOBHS
OTCYTCTBUS U CYIECTBOBAHUSI MHOTOIIEPUOJHUECKUX PEIICHUH KaK OJHOPOAHBIX, TAK U HEOAHOPOIHBIX CUCTEM.

KaioueBble ci10Ba: MHOTONEpPHOIMUYECKOE PEIICHHE, aBTOHOMHAs CHCTEMa, orepaTop Anu(QepeHIpOBaHMs,
JIsmyHOBa BEKTOpPHOE MOJIE, BO3MYILEHHE.
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